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sub sigma algebra is a fundamental concept in measure theory and probability
theory, playing a crucial role in understanding the structure of measurable
spaces. This article provides a detailed exploration of sub sigma algebras,
their properties, and their applications in various mathematical contexts. We
will delve into the definition of sigma algebras, the significance of sub
sigma algebras, and examples that illustrate their use. Additionally, we will
discuss how sub sigma algebras relate to measurable functions and probability
spaces, enhancing our comprehension of their role in advanced mathematics.

The following sections will provide a comprehensive overview of the topic,
equipped with essential information for both beginners and those looking to
deepen their understanding of measure theory.
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Introduction to Sigma Algebras

A sigma algebra (or o-algebra) is a collection of sets that satisfies
specific properties, making it a foundational concept in measure theory. It
is a mathematical structure that allows for the formal definition of
measurable spaces, which are essential for integrating functions and defining
measures. A sigma algebra must satisfy three properties: it must contain the
entire space, be closed under complementation, and be closed under countable
unions. These properties ensure that the sigma algebra is robust enough to
handle infinite processes, which is critical in probability and analysis.

In essence, sigma algebras provide the framework for measuring subsets of a
given space. They are used to define measures, such as length, area, and
probability, which are vital in various branches of mathematics and
statistics. The interplay between sigma algebras and measures allows for



rigorous definitions of integrals and expectations, paving the way for
advanced mathematical theories.

Definition of Sub Sigma Algebra

A sub sigma algebra is defined as a subset of a sigma algebra that itself
forms a sigma algebra. This means that if you have a sigma algebra \(
\mathcal{F} \) on a set \( X \), then a sub sigma algebra \( \mathcal{G} \)
is a collection of subsets of \( X \) such that:

e It contains the empty set and the entire set \( X \).

e It is closed under the operation of complementation; if \( A \) is in \(
\mathcal{G} \), then \( A”c \) (the complement of \( A \)) is also in \(
\mathcal{G} \).

e It is closed under countable unions; if \( A 1, A 2, A 3, \ldots \) are
in \( \mathcal{G} \), then \( \bigcup {i=1}"{\infty} A i \) is also in
\( \mathcal{G} \).

Thus, all the properties of a sigma algebra must hold true in a sub sigma
algebra, making it a smaller, yet equally structured, collection of sets.
This relationship is crucial in various mathematical contexts, particularly
in probability theory where we often deal with subsets of events.

Properties of Sub Sigma Algebras

Sub sigma algebras inherit several key properties from their parent sigma
algebras. Understanding these properties is critical for the application of
sub sigma algebras in measure theory. Some of the main properties include:

e Closure under Operations: A sub sigma algebra remains closed under the
operations of complementation and countable unions, similar to sigma
algebras.

e Inclusion: Every sub sigma algebra \( \mathcal{G} \) is inherently
included in the sigma algebra \( \mathcal{F} \) from which it is
derived.

e Empty Set and Full Set: The empty set and the full set must always be
elements of any sub sigma algebra.



e Intersection: While sub sigma algebras are not necessarily closed under
intersections, the intersection of two sigma algebras is itself a sigma
algebra.

These properties make sub sigma algebras particularly useful in the study of
measurable functions and in the construction of probability spaces, where we
often need to focus on specific collections of events.

Examples of Sub Sigma Algebras

To better understand sub sigma algebras, it is helpful to consider some
concrete examples. Let’s take a look at a few situations where sub sigma
algebras naturally arise:

Example 1: Borel Sigma Algebra

The Borel sigma algebra on the real line, denoted as \(

\mathcal{B} (\mathbb{R}) \), is generated by open intervals. Any collection of
Borel sets, such as the collection of closed intervals, forms a sub sigma
algebra of \( \mathcal{B}(\mathbb{R}) \). This collection includes sets like
\( [a, b] \) and is closed under all operations mentioned earlier.

Example 2: Discrete Sigma Algebra

Consider a finite set \( X = \{1, 2, 3\} \). The discrete sigma algebra \(
\mathcal{P}(X) \) consists of all subsets of \( X \). Any collection of
subsets of \( X \) that includes the empty set, the entire set, and is closed
under complementation and countable unions can be considered a sub sigma
algebra of \( \mathcal{P}(X) \).

Example 3: Event Collections in Probability

In probability theory, we often deal with a sample space \( \Omega \) and a
sigma algebra \( \mathcal{F} \) representing events. A collection of events,
such as all events with a particular property (e.g., all events involving
heads in a sequence of coin tosses), can form a sub sigma algebra of \(
\mathcal{F} \).



Applications of Sub Sigma Algebras

Sub sigma algebras have numerous applications in different fields of
mathematics, particularly in measure theory and probability. Some notable
applications include:

e Measurable Functions: Sub sigma algebras are used to define measurable
functions, which are functions that are compatible with the sigma
algebra structure.

e Conditional Probability: In probability theory, sub sigma algebras
facilitate the definition of conditional probabilities, allowing for the
calculation of probabilities given certain known events.

e Stochastic Processes: In stochastic processes, sub sigma algebras can be
employed to analyze filtration, which is a way of modeling the evolution
of information over time.

e Integration Theory: Sub sigma algebras play a crucial role in defining
integrals of functions with respect to measures, thereby contributing to
the development of Lebesgue integration.

These applications underscore the importance of sub sigma algebras in
advancing our understanding of complex mathematical concepts and their
practical implications in various disciplines.

Relationship with Measurable Functions

The connection between sub sigma algebras and measurable functions is pivotal
in measure theory. A function \( f: X \rightarrow \mathbb{R} \) is said to be
measurable with respect to a sigma algebra \( \mathcal{F} \) if for every
Borel set \( B \), the preimage \( f~{-1}(B) \) is in \( \mathcal{F} \). If
\( \mathcal{G} \) is a sub sigma algebra of \( \mathcal{F} \), then we can
analyze how functions behave with respect to \( \mathcal{G} \). This
relationship allows us to restrict our focus to smaller collections of
events, simplifying complex problems in analysis and probability.

Furthermore, in the context of conditional expectations, the sub sigma
algebra determines the information available for predicting or estimating
values of random variables. This makes sub sigma algebras essential in the
study of random processes and the development of statistical methods.



Conclusion

Sub sigma algebras are vital components of measure theory and probability,
offering a structured way to analyze collections of sets that are essential
for defining measurable spaces. Their properties, examples, and applications
highlight their importance in mathematical analysis, probability theory, and
beyond. Understanding sub sigma algebras enriches our comprehension of
measurable functions and stochastic processes, providing the foundation for
advanced studies in these fields. Ultimately, the role of sub sigma algebras
extends beyond theoretical mathematics, influencing practical applications in
statistics, economics, and various scientific disciplines.

Q: What is the difference between a sigma algebra
and a sub sigma algebra?

A: A sigma algebra is a collection of sets that satisfies certain properties,
while a sub sigma algebra is a subset of a sigma algebra that also satisfies
those properties. Essentially, every sub sigma algebra is a sigma algebra,
but not every sigma algebra is a sub sigma algebra.

Q: Can a sub sigma algebra be the same as its parent
sigma algebra?

A: Yes, a sub sigma algebra can be the same as its parent sigma algebra. In
such cases, the sub sigma algebra is referred to as the trivial sub sigma
algebra, which contains all the sets of the parent sigma algebra.

Q: How are sub sigma algebras applied in probability
theory?

A: In probability theory, sub sigma algebras are used to define conditional
probabilities, allowing researchers to calculate the probability of events
given certain known conditions. They also help in analyzing the structure of
random variables in stochastic processes.

Q: Are all collections of sets that include the
empty set a sub sigma algebra?

A: No, merely including the empty set is not sufficient to form a sub sigma
algebra. The collection must also be closed under complementation and
countable unions to meet the criteria of a sub sigma algebra.



Q: What is an example of a measurable function
related to sub sigma algebras?

A: An example of a measurable function is the characteristic function of a
set, which maps elements of a space to 0 or 1 based on whether they belong to
that set. This function is measurable with respect to the sigma algebra
containing that set.

Q: How do sub sigma algebras facilitate the study of
integrals?

A: Sub sigma algebras help define integrals of functions with respect to
measures by allowing mathematicians to focus on specific collections of sets,
thereby simplifying the process of measuring and integrating over complex
spaces.

Q: Can the intersection of two sub sigma algebras be
a sub sigma algebra?

A: Yes, the intersection of two sub sigma algebras is always a sub sigma
algebra. This is because the intersection retains the properties of closure
under complementation and countable unions.

Q: What role do sub sigma algebras play in
stochastic processes?

A: In stochastic processes, sub sigma algebras represent the filtration of
information over time, allowing for the modeling of how information evolves
and influences future events in probabilistic frameworks.

Q: How can we construct a sub sigma algebra from a
given sigma algebra?

A: To construct a sub sigma algebra from a given sigma algebra, one can
select a collection of subsets that includes the empty set, the entire space,
and is closed under complementation and countable unions. This selected
collection will then form a valid sub sigma algebra.
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sub sigma algebra: Interest-Rate Management Rudi Zagst, 2013-04-17 Who gains all his ends
did set the level too low. Although the history of trading on financial markets started a long and
possibly not exactly definable time ago, most financial analysts agree that the core of mathematical
finance dates back to the year 1973. Not only did the world's first option exchange open its doors in
Chicago in that year but Black and Scholes published their pioneering paper [BS73] on the pricing
and hedging of contingent claims. Since then their explicit pricing formula has become the market
standard for pricing European stock op tions and related financial derivatives. In contrast to the
equity market, no comparable model is accepted as standard for the interest-rate market as a whole.
One of the reasons is that interest-rate derivatives usually depend on the change of a complete yield
curve rather than only one single interest rate. This complicates the pricing of these products as well
as the process of managing their market risk in an essential way. Consequently, a large number of
interest-rate models have appeared in the literature using one or more factors to explain the
potential changes of the yield curve. Beside the Black ([Bla76]) and the Heath-Jarrow-Morton model
([HJM92]) which are widely used in practice, the LIBOR and swap market models introduced by
Brace, G~tarek, and Musiela [BGM97], Miltersen, Sandmann, and Son dermann [MSS97], and
Jamshidian [Jam98] are among the most promising ones.

sub sigma algebra: Handbook of Probability Tamas Rudas, 2008-02-21 This is a valuable
reference guide for readers interested in gaining a basic understanding of probability theory or its
applications in problem solving in the other disciplines. —CHOICE Providing cutting-edge
perspectives and real-world insights into the greater utility of probability and its applications, the
Handbook of Probability offers an equal balance of theory and direct applications in a non-technical,
yet comprehensive, format. Editor Tamas Rudas and the internationally-known contributors present
the material in a manner so that researchers of various backgrounds can use the reference either as
a primer for understanding basic probability theory or as a more advanced research tool for specific
projects requiring a deeper understanding. The wide-ranging applications of probability presented
make it useful for scholars who need to make interdisciplinary connections in their work. Key
Features Contains contributions from the international who's-who of probability across several
disciplines Offers an equal balance of theory and applications Explains the most important concepts
of probability theory in a non-technical yet comprehensive way Provides in-depth examples of recent
applications in the social and behavioral sciences as well as education, business, and law Intended
Audience This Handbook makes an ideal library purchase. In addition, this volume should also be of
interest to individual scholars in the social and behavioral sciences.

sub sigma algebra: Entropy in Dynamical Systems Tomasz Downarowicz, 2011-05-12 This
comprehensive text on entropy covers three major types of dynamics: measure preserving
transformations; continuous maps on compact spaces; and operators on function spaces. Part I
contains proofs of the Shannon-McMillan-Breiman Theorem, the Ornstein-Weiss Return Time
Theorem, the Krieger Generator Theorem and, among the newest developments, the ergodic law of
series. In Part II, after an expanded exposition of classical topological entropy, the book addresses
symbolic extension entropy. It offers deep insight into the theory of entropy structure and explains
the role of zero-dimensional dynamics as a bridge between measurable and topological dynamics.
Part IIT explains how both measure-theoretic and topological entropy can be extended to operators
on relevant function spaces. Intuitive explanations, examples, exercises and open problems make
this an ideal text for a graduate course on entropy theory. More experienced researchers can also
find inspiration for further research.

sub sigma algebra: A Benchmark Approach to Quantitative Finance Eckhard Platen, David
Heath, 2006-10-28 In recent years products based on ?nancial derivatives have become an ind-
pensabletoolforriskmanagersandinvestors. Insuranceproductshavebecome part of almost every


http://www.speargroupllc.com/gacor1-29/files?ID=eef93-5183&title=write-expressions-from-words.pdf

personal and business portfolio. The management of - tual and pension funds has gained in
importance for most individuals. Banks, insurance companies and other corporations are
increasingly using ?nancial and insurance instruments for the active management of risk. An
increasing range of securities allows risks to be hedged in a way that can be closely t- lored to the
speci?c needs of particular investors and companies. The ability to handle e?ciently and exploit
successfully the opportunities arising from modern quantitative methods is now a key factor that
di?erentiates market participants in both the ?nance and insurance ?elds. For these reasons it is
important that ?nancial institutions, insurance companies and corporations develop expertise in the
area of quantitative ?nance, where many of the as- ciated quantitative methods and technologies
emerge. This book aims to provide an introduction to quantitative ?nance. More precisely, it
presents an introduction to the mathematical framework typically
usedin?nancialmodeling,derivativepricing, portfolioselectionandriskm- agement. It o?ers a uni?ed
approach to risk and performance management by using the benchmark approach, which is di?erent
to the prevailing paradigm and will be described in a systematic and rigorous manner. This approach
uses the growth optimal portfolio as numeraire and the real world probability measure as pricing
measure.

sub sigma algebra: Geometry of Banach Spaces - Selected Topics ]. Diestel, 2006-11-14

sub sigma algebra: Topics in Statistical Information Theory Solomon Kullback, John C. Keegel,
Joseph H. Kullback, 2013-12-01 The relevance of information theory to statistical theory and its
applications to stochastic processes is a unifying influence in these TOPICS. The integral
representation of discrimination information is presented in these TOPICS reviewing various
approaches used in the literature, and is also developed herein using intrinsically
information-theoretic methods. Log likelihood ratios associated with various stochastic processes are
computed by an application of minimum discrimination information estimates. Linear discriminant
functionals are used in the information-theoretic analysis of a variety of stochastic processes.
Sections are numbered serially within each chapter, with a decimal notation for subsections.
Equations, examples, theorems and lemmas, are numbered serially within each section with a
decimal notation. The digits to the left of the decimal point represent the section and the digits to
the right of the decimal point the serial number within the section. When reference is made to a
section, equation, example, theorem or lemma within the same chapter only the section number or
equation number, etc., is given. When the reference is to a section ,equation, etc., in a different
chapter, then in addition to the section or equation etc., number, the chapter number is also given.
References to the bibliography are by the author's name followed by the year of publication in
parentheses. The transpose of a matrix is denoted by a prime; thus one-row matrices are denoted by
primes as the transposes of one-column matrices (vectors).

sub sigma algebra: Dynamical Systems and Group Actions Lewis Bowen, R. 1. Grigorchuk,
Yaroslav Vorobets, 2012 This volume contains cutting-edge research from leading experts in ergodic
theory, dynamical systems and group actions. A large part of the volume addresses various aspects
of ergodic theory of general group actions including local entropy theory, universal minimal spaces,
minimal models and rank one transformations. Other papers deal with interval exchange
transformations, hyperbolic dynamics, transfer operators, amenable actions and group actions on
graphs.

sub sigma algebra: Dynamical Systems and Ergodic Theory Mark Pollicott, Michiko Yuri,
1998-01-29 This book is an essentially self contained introduction to topological dynamics and
ergodic theory. It is divided into a number of relatively short chapters with the intention that each
may be used as a component of a lecture course tailored to the particular audience. Parts of the
book are suitable for a final year undergraduate course or for a masters level course. A number of
applications are given, principally to number theory and arithmetic progressions (through van der
waerden's theorem and szemerdi's theorem).

sub sigma algebra: Nonselfadjoint Operator Algebras, Operator Theory, and Related Topics H.
Bercovicii, Ciprian I. Foias, 2012-12-06 This volume, dedicated to Carl Pearcy on the occasion of his




60th birthday, presents recent results in operator theory, nonselfadjoint operator algebras, measure
theory and the theory of moments. The articles on these subjects have been contributed by leading
area experts, many of whom were associated with Carl Pearcy as students or collaborators. The book
testifies to his multifaceted interests and includes a biographical sketch and a list of publications.

sub sigma algebra: Nonlinear Renewal Theory in Sequential Analysis Michael Woodroofe,
1982-01-31 The global approach to nonlinear renewal theory is integrated with the author's own
local approach. Both the theory and its applications are placed in perspective by including a
discussion of the linear renewal theorem and its applications to the sequential probability ratio test.
Applications to repeated significance tests, to tests with power one, and to sequential estimation are
also included. The monograph is self- contained for readers with a working knowledge of
measure-theoretic probability and intermediate statistical theory.

sub sigma algebra: Hardy Martingales Paul F. X. Miiller, 2022-07-14 This book presents the
probabilistic methods around Hardy martingales for applications to complex, harmonic, and
functional analysis.

sub sigma algebra: Advances in Mathematical Economics Volume 9 S. Kusuoka, A. Yamazaki,
2007-03-12 A lot of economic problems can formulated as constrained optimizations and
equilibration of their solutions. Various mathematical theories have been supplying economists with
indispensable machineries for these problems arising in economic theory. Conversely,
mathematicians have been stimulated by various mathematical difficulties raised by economic
theories. The series is designed to bring together those mathematicians who were seriously
interested in getting new challenging stimuli from economic theories with those economists who are
seeking for effective mathematical tools for their researchers.

sub sigma algebra: Handbooks in Operations Research and Management Science:
Transportation Cynthia Barnhart, Gilbert Laporte, 2006-12-08 This book contains eleven chapters
describing some of the most recent methodological operations research developments in
transportation. It is structured around the main transportation modes, and each chapter is written
by a group of well-recognized researchers. Because of the major impact of operations research
methods in the field of air transportation over the past forty years, it is befitting to open the book
with a chapter on airline operations management. This book will prove useful to researchers,
students, and practitioners in transportation and will stimulate further research in this rich and
fascinating area. - Volume 14 examines transport and its relationship with operations and
management science - 11 chapters cover the most recent research developments in transportation -
Focuses on main transportation modes-air travel, automobile, public transit, maritime transport, and
more

sub sigma algebra: Adaptive Filtering Prediction and Control Graham C Goodwin, Kwai
Sang Sin, 2014-05-05 This unified survey focuses on linear discrete-time systems and explores
natural extensions to nonlinear systems. It emphasizes discrete-time systems, summarizing
theoretical and practical aspects of a large class of adaptive algorithms. 1984 edition.

sub sigma algebra: Statistical Mechanics of Disordered Systems Anton Bovier, 2006-06-08
Publisher Description

sub sigma algebra: What Makes Variables Random Peter J. Veazie, 2017-05-18 What Makes
Variables Random: Probability for the Applied Researcher provides an introduction to the
foundations of probability that underlie the statistical analyses used in applied research. By
explaining probability in terms of measure theory, it gives the applied researchers a conceptual
framework to guide statistical modeling and analysis, and to better understand and interpret results.
The book provides a conceptual understanding of probability and its structure. It is intended to
augment existing calculus-based textbooks on probability and statistics and is specifically targeted
to researchers and advanced undergraduate and graduate students in the applied research fields of
the social sciences, psychology, and health and healthcare sciences. Materials are presented in three
sections. The first section provides an overall introduction and presents some mathematical
concepts used throughout the rest of the text. The second section presents the basic structure of



measure theory and its special case of probability theory. The third section provides the connection
between a conceptual understanding of measure-theoretic probability and applied research. This
section starts with a chapter on its use in understanding basic models and finishes with a chapter
that focuses on more complicated problems, particularly those related to various types and
definitions of analyses related to hierarchical modeling.

sub sigma algebra: Sequential Analysis Alexander Tartakovsky, Igor Nikiforov, Michele
Basseville, 2014-08-27 Sequential Analysis: Hypothesis Testing and Changepoint Detection
systematically develops the theory of sequential hypothesis testing and quickest changepoint
detection. It also describes important applications in which theoretical results can be used
efficiently. The book reviews recent accomplishments in hypothesis testing and changepoint
detection both in decision-theoretic (Bayesian) and non-decision-theoretic (non-Bayesian) contexts.
The authors not only emphasize traditional binary hypotheses but also substantially more difficult
multiple decision problems. They address scenarios with simple hypotheses and more realistic cases
of two and finitely many composite hypotheses. The book primarily focuses on practical discrete-time
models, with certain continuous-time models also examined when general results can be obtained
very similarly in both cases. It treats both conventional i.i.d. and general non-i.i.d. stochastic models
in detail, including Markov, hidden Markov, state-space, regression, and autoregression models.
Rigorous proofs are given for the most important results. Written by leading authorities in the field,
this book covers the theoretical developments and applications of sequential hypothesis testing and
sequential quickest changepoint detection in a wide range of engineering and environmental
domains. It explains how the theoretical aspects influence the hypothesis testing and changepoint
detection problems as well as the design of algorithms.

sub sigma algebra: Borel Games Eilon Solan, 2025-11-21 Borel Games are multiplayer games
with infinite horizon and general payoff functions. These types of games, first introduced by Gale
and Stewart (1953), were studied within descriptive set theory in the context of two-player zero-sum
games. Only recently have they attracted attention from the broader game theory community. This
book is the first attempt to present a comprehensive exploration of Borel Games in a single volume.
The book can be used as a main text for a graduate-level course on Borel Games, or as a
supplementary text for a more general course on game theory. Students are assumed to be familiar
with set theory and to have a basic understanding of general game theory. Features - Replete with
exercises, with solutions available online for course instructors - Includes a selection of open
problems to invite further study - The first comprehensive coverage of Borel Games in a single
volume.

sub sigma algebra: Elliptically Symmetric Distributions in Signal Processing and Machine
Learning Jean-Pierre Delmas, Mohammed Nabil El Korso, Stefano Fortunati, Frédéric Pascal, 2024
Zusammenfassung: This book constitutes a review of recent developments in the theory and
practical exploitation of the elliptical model for measured data in both classical and emerging areas
of signal processing. It develops techniques usable in (among other areas): graph learning, robust
clustering, linear shrinkage, information geometry, subspace-based algorithm design, and
semiparametric and misspecified estimation. The various contributions combine to show how the
goal of inferring information from a set of acquired data, recurrent in statistical signal processing,
can be achieved, even when the common practical assumption of Gaussian distribution in the data is
not valid. The elliptical model propounded maintains the performance of its inference procedures
even when that assumption fails. The elliptical distribution, being fully characterized by its location
vector, its scatter/covariance matrix and its so-called density generator, used to describe the
impulsiveness of the data, is sufficiently flexible to model heterogeneous applications. This book is of
interest to any graduate students and academic researchers wishing to acquaint themselves with the
latest research in an area of rising consequence. It is also of assistance to practitioners working in
data analysis, wireless communications, radar, and image processing

sub sigma algebra: Model Risk In Financial Markets: From Financial Engineering To
Risk Management Radu Sebastian Tunaru, 2015-06-08 The financial systems in most developed



countries today build up a large amount of model risk on a daily basis. However, this is not
particularly visible as the financial risk management agenda is still dominated by the
subprime-liquidity crisis, the sovereign crises, and other major political events. Losses caused by
model risk are hard to identify and even when they are internally identified, as such, they are most
likely to be classified as normal losses due to market evolution.Model Risk in Financial Markets:
From Financial Engineering to Risk Management seeks to change the current perspective on model
innovation, implementation and validation. This book presents a wide perspective on model risk
related to financial markets, running the gamut from financial engineering to risk management,
from financial mathematics to financial statistics. It combines theory and practice, both the classical
and modern concepts being introduced for financial modelling. Quantitative finance is a relatively
new area of research and much has been written on various directions of research and industry
applications. In this book the reader gradually learns to develop a critical view on the fundamental
theories and new models being proposed.
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its versatile usage, synonyms, examples, etymology, and more

Sub - Wikipedia Sub tuum praesidium, an ancient hymn and prayer dedicated to the Blessed Virgin
Mary. Submarine, a warship with underwater travel capabilities. Submersible, an underwater
vehicle

Word Root: sub- (Prefix) | Membean The prefix sub- changes naturally to suf-, which also means
“under,” in front of roots that begin with an f. If a prefix begins or sits at the “top” of a word, a suf
fix is fixed “under” or “at the foot

SUB- Definition & Meaning | We've got a sub in English this week because our teacher's home
with the flu. a submarine sandwich. a submissive in a BDSM sexual encounter or relationship. a
subcontractor. a

Sub Definition & Meaning - YourDictionary Shortened form of any of various words beginning
sub-, such as submarine, subroutine, substitute, subscription. The sandwich is so called because the
bun's cylindrical shape
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